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Ansrnect

A statistical analysis of the ion-exchange data of orville (1963) for highly disordered

alkali feldspars shows that the Gibbs energy of mixing of these feldspars can be repre-

sented satisfactorily by an asymmetric Margules equation containing only two empirical

parameters at a given temperature and pressure'

The data indicate that at 650'C and 2 kbar the excess Gibbs energy of mixing for

monoclinic alkali feldspar is very nearly:

G*:+'ZO 1[o,1[2.,\rf2.95 t|IAu,^r2o. kcal mole-r

The temperature range of the data is too limited to permit satisfactory determination of

the temperature dependence of the mixing parameters.

The isothermal-isobaric exchange curves appear to have a break in slope in the high-Na

region suggesting a second or higher order transition in the feldspars. The positions of

these breaks corresponcl closely to the rapidly reversible (displacive) monoclinic-triclinic

symmetry change observed by MacKenzie (1952).

INrnopucrroN

A knowledge of the thermodynamic mixing properties of alkali

feldspar crystalline solutions is essential to a thorough understanding of

the phase equilibria in many common rocks. The system Na(AlSiaOa)-

K(AISLO8) forms an essential part of certain model systems of con-

siderable interest in theoretical petrology such as the "granite systemtt

of Tuttle and Bowen (1958), as well as model systems useful in the con-

sideration of metamorphic facies (Thompson, 196l), or of weathering,

wall rock alteration, and related phenomena (Garrels and Ho'r'l'ard,

19s9) .
For many such purposes it is desirable that the thermodynamic mixing

properties be expressed in analytic form, both as an aid in smoothing,

evaluating, and comparing the data, and for the extrapolation of exist-

ing data to phase equilibria under conditions that are difficult of access

or for other reasons not yet explored. Such calculations may be made on

data from a wide variety of sources. Volumes of mixing mav be obtained

either from direct density determinations or by careful measurement of

unit cell parameters (Donnay and Donnay, 1952; Orvil le, 1967)' En-

l Published under the auspices of the Committee on Experimental Geology and

Geophysics of Harvard University. Preliminary results of this study were reported by

Thomoson and Waldbaum (1967).
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thalpies of mixing may be measured by solution calorimetrv (Kracek
and Neuvonen, 1952; Waldbaum, 1966; Waldbaum and Robie, 1967),
and entropies of mixing, at least in part, by heat capacity measurements.
All of the above mixing properties and also the total Gibbs energy of
mixing may be calculated from data such as that of Bowen and Tuttle
(1950), Yoder, Stewart, and Smith (1957), Orvil le (1963), and Luth
and Tuttle (1966) on the compositions of alkali feldspars coexisting at a
variety of temperatures and pressures. Calculations on all of the avail-
able two-phase data have in fact been made by us, and wil l be presented
in Part III of this series.

The calculations below are based on Orvil le's ion-exchange experi-
ments between an aqueous Na-K chloride solution and alkali feldspars
of the sanidine-high albite series, and do not take into account his two-
feldspar assemblages as such. From the exchange data it is possible to
calculate the Gibbs energv of mixing of sanidine at several temperatures;
and from the temperature dependence of G*;* the enthalpy and entropy
of mixing of these feldspars at two kilobars can be derived. This coupled
with Orvil le's (1967) cell-volume measurements (Part II, Waldbaum
and Thompson, 1968) makes possible a preliminary estimate of the in-
ternal energy of mixing and leads to a tentative polythermal-polybaric
equation of state from which phase diagrams mav be calculated.

Allmann and Hellner (1962) gave a brief preliminary analysis of
Orvil le's data based, as is ours, on the condition for exchange equi-
l ibrium, but gave no numerical values for the mixing properties other
than those inrplied graphically in their Figures 2 and 3. perchuk (1965)
also presented a brief analysis making some use of Orville's data and
assuming a Margules-type formula, but again gave no numerical values
for the mixing properties of alkali feldspar other than those implied
graphically by his Figure 1a. A later paper by Perchuk and Ryabchikov
(1968) presents a more extended treatment (p. 126-130) based on
Orvil le's data. Here a different approach is used, not dependent on a
Margules expansion for the excess functions as in Perchuk's earlier
paper, but based on graphical methods and also making use in part of
r:oexisting feldspar compositions. Here again, no analytic expression is
given for the mixing properties, although these may be inferred from
their Figures 1 and 3. Because our aim in this and snbsequent papers of
this series is to obtain the thermodynamic mixing properties of the
alkali feldspars in analytic form, we shall be concerned below with
problems in the seiection and statistical analysis of the data. Such
matters as the possibil i ty of partial or incomplete equil ibrium between
pairs of feldspars occurring in Orville's experiments, and of Al-Si order-
ing and related symmetry changes, must also be considered insofar as
possible in order to separate their effects from those of K-Na mixing.
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lnonltoovxAMrc RELATToNS

In each of Orvil le's (1963) experiments an Na-K feldspar was per-
mitted to react with an aqueous Na-K chloride solution. The aqueous
chloride solution has three independently variable components: NaCI,
KCl, and H:O; and the feldspar has two: NaAlShOe or "Ab", and
KAISLO8 or '(Or". With but one fluid phase present, however, the ratio
of HzO to NaCl*KCl in the fluid is constant in any given experiment
inasmuch as the only possible variations in the composition of the fluid
are by alkali erchange with the feldspar crystals present. For equilibrium
at a given temperature and pressure between a feldspar and such a
solution in a sealed capsule, the Gibbs function must be at a minimum
for the contents of the capsule, orl

0 :  dG :  d .Gro l  r lG r ' u i a

: ltor,!"od'm6r,t"p * /.reb,I"pdnn',r"p 
f1)

*  pr<ct , t r '  iad??xc1, f  tu id - l -  px 'ct , r tu,ad?znoct , t  to ia

* &nro, t t . iadnnzo, f  t ' id

Under the experimental conditions, however, the quantities dn are
not independent, but are constrained as follows:

and either

or

d.m1ro;vui1 : 0 
l

dno" , t , r l  dnay , ,1 , ,  :  0  
|

dnKcr1*id * dttxucr,rr, ia :  0J

dzxcr,rr,ra f  d26",1"o : 0

(2)

(3)

r l a N u c t , r r o i a l i J n * r , t , o : 0  ( 4 )

since (3) and (4) are not independent. With (2) we may rewrite (1)

O : dG : (po",ruo - t tN",r"p)d,nq,s"r, (1a)
f (p^ct,rt"a - tr lNacr,rruid) dnxcr,rnia

and, again, with (3) i t  becomes

O : dG: [(rro",r"o - &Ab,rsp,) - ( /-rxct,rtuia - &Nacl , ,*,0)]dro",r"o (1b)

emphasizing that under the experimental conditions only one of the

quanti t ies dn mav be taken as independent. At equi l ibr ium then, so

l The notation used in this paper is summarized in Appendix D.
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NoNo
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I,'rc. 1. Isothermal, isobaric equilibrium conditions for ion-exchange between fluid (f)

and feldspar (a,b) phases. Lines G"', G1"', and Gl denote the slopes of the tangents to the
Gibbs surfaces for the feldspar and fluid phases, respectively; these correspond to the
left- and right-hand sides of Eq. (5). a) equilibrium between (supercritical) fluid and
supercritical feldspar (Gi:G"'). b) complete equilibrium between fluid and two sub-
critical feldspars (G,,br:Gr'). c) exchange equilibrium only (partial equilibrium) between
two feldspars (G^' :6r' :6t , .

that dG:0 for minor variations in t1n6",1"o, the bracketed quantity on
the right hand side of (1b) must be zero or

( , . ro. , tuu -  
/ rAu,rsp) :  (prct , r to ia -  

/ rNacl , r tu id)  (5)

Condition (5) may also be written in a rearranged form that is con-
ventional in the treatment of ternary reciprocal equil ibria

Fo. ,Jsp  *  luNac l , f lu i r t  :  pAb, fsp  *  / , l r c t , r tu ia  (5a)

but there are advantages in keeping it in the form of (5) rather than that
of (5a). The quantit ies enclosed in parentheses in (5) are properties of
bnt one phase only, and we may note that

No

a  / - - -

v n n
(b )

/ 0G*, \
\au;/",r :  

( / ' ro' ' tuo - i trAb'rsP) (6)



MIXING PROPERTIES OF SANIDINE I. 1969

Similarly if we define the quantities Mxcr and Mlrucr in the fluid by

(1 - M*"cr) : Mxcr= ff i 
: 1 - ') i:t

where ns=er<cr*lxrucr, we may write (see Appendix A)

f lGl"ra \
[ -  )  

: ( / r * " , , , , u , a - r t l N a c t , r r u i d )  ( 7 )
\  d M K s ; . 1 1 u ; 6  /  P , ' t ' , n " 1 , , 1 1 1 6

and the equil ibrium condition (5) may be written in yet another form

f u"''" \ :/-99:l','-\
\ d l ' 6 , , r " o  7 r , r  \  dMKC '1 , s1u1a  , /  r , ' r , n "1 ,n1116 '

(sb)

This last form of the equilibrium conditions is shown graphically in
Figure 1a. We have then from (5b) for exchange curves such as in Figures
4-8 of Orvil le (1963)

/  o ,euo  \  . " -  /  d ' d t r " i a  \
I  - l  d . \ o . . r " , : l - , ' - ' "  )  d M r c r , r t u i a  ( 8 )
\d l ' f , ,  1 ,o , /c .z  \dM| . , , , , , ,0  , /  , . , , ' ,n " , . , ^ ,6

where M661,11ui4 zrld ly'o.,r"o are the ordinate and abscissa, respectively'

and the experiments from which the curve has been constructed were

carried out at constant P, T, and total salt molality. Hence

(e)
d 'G t t u  i o  \

M ' ^ . ' r , , r u r o , /  r ' r , n " r , n n . , u0M?",,uu,o

The second derivatives in (8) and (9) are positive quantities for phases
stable with respect to unnrixing and zero in the limiting case of a phase
of critical mixing. Thus for equilibrium between a noncritical liquid and
a critical feldspar we have

(10)

(10a)

It is therefore evident from Orvil le (1963, Figs. 7 and 8) that for alkali
feldspars at 2 kilobars the crit ical temperature is not far from 675oC
and the crit ical composition not far from 0.35 mol fraction Or.
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Because of the immiscibil i ty in feldspar at low temperatures, many
of Orville's experiments involved the presence of two feldspars rather
than one. This raises some interesting possibil i t ies for metastable equi-
libria such that both feldspars are in exchange equilibrium with the
fluid but not in full equilibrium with each other. This may be clarified
by an extension of the procedure followed above. We now have

d G : d c r + d G " + d c b

: p12o,IdnH2o,l * ,rrN"cr,ldnNocrJ t p]11q|l,ydnricl,s

I po,,odno,,o I po,,adno,,t * p,l'y",odna,o,o -f p,^u,tdnx,,a

subject to the constraints

dnH4J,1 : 0

d n N ^ c r , I l d n x c t , r : 0

dno,,o t  dnu,," I  dno,,u I  d.n*t :  0

d n o , , o l  d n o , , o *  d n K g 1 , l :  O

Proceeding as before we obtain the following result

the interdependence ol the dn's

(r2)

upon eliminating

dG : Ato"," - lto,,o)dno,," * (ltot'," - tr7.r',t)dnx',o

* [(, ,rr."r,r  -  &Nocr,1) - (po"l -  t too,u)ldrn"r,r (11a)

Hence, at equi l ibr ium

(po",u - per,,u) :  (po,,o - prt,") :  (p*"t, t  -  r .rN"cr, l)  (13)

and also

(14 )

These equilibrium conditions are shown graphically in Figure 1b. The
metastable or parlial equilibrium may arise when the feldspar grains
are not in direct contact and equilibrate only through the fluid. We may
explore the consequences by introducing either the constraint

dne.u . "  I  dno" ,o :  0 ( ls)

or the corresponding one for b (which is not independent). We then
obtain only conditions (13) and not conditions (1a). This type of
metastable or partial equil ibrium is shown in Figure 1c. It can be shown
(Appendix B) that it is indeed not an wstable equilibrium, though one's
intuition may at fi.rst suggest otherwise. It is, however, metastable with
respect to some more stable state (having a lower value of G) of either

POr,b : l. lo.," 
\

lt/ ih,b : It i lb,a)
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Frc. 2. Idealized ion-exchange isotherm illustrating possible compositions of two feld-

spars in exchange equilibrium with fluid. The feldspars at nc and m' are only in exchange

equilibrium with each other, but those at e and e'are in complete equilibrium with each

other. When plotted in reciprocal ternary coordinates, the tie lines corresponding to rz

and za' cross the tie lines corresponding to e and e'. Dashed portion of curve denotes feld-

spars unstable with respect to difiusion.

the type shown in Figure 1a or that of Figure 1b. For the more stable

states to be realized, however, either a center of phase b must nucleate

in a grain of a, or there must be direct a-b interfaces. In either of these

cases the constraint (15) is inoperative and the reaction may proceed

toward the full set of conditions (13) and (14). Figure 2 shows an

idealized exchange isotherm illustrating the various possibilities.

Inasmuch as the following analysis requires only that exchange

equilibrium be achieved between each feldspar and the fluid, it has been

possible to include certain runs that clearly must correspond to partial

equil ibria such as shown by Figures 1c and 2 (m-m'), and in Figure 9

of Orvil le (1963).

TnB Fruro Pnesn

For the fluid phase we may write formally (see Denbigh, 1955,

Chaps. 9-10 and especially Eq. 10.35)

r97 1
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/-rKcl : px+ -f 
Ucv

- u7-+ rfl- +
P N a c l  :  

& N o +  *

D l: tr'Na+ t

Hence

AND D. R. WALDBAUM

RT ln(ms+ncr-?xcrt)

RT ln(my1u+mcr 7N,,c11)

trtcr-
tr

t-rct -l

(16a)

(16b)

{18)

(1e)

But

(p'.", - p*ocr) : fu?* - p,?".) * 
"r 

n(!:: 
#:) 07)

141x+ nKCt Mxct

lnNa+ ?/NuCl MNuCt

l -  -  n  ^ y - r r , 1

(pr<"r -  &u,cr) :  I  tu '" '  -  pN1 ,  f  Rrtn
L YNecl i  I

+ RT ln 
M*t '

MNoct

If 2 molal KCI and 2 molal NaCI aqueous solutions mix ideally or
very nearly so (as seems reasonable) then the bracketed quantity in
(19) above is constant, or ver), nearly so, at any given P and f (Appendix
C). If so, the ratio ?xcrlhwucri for 2 molar K-Na chloride solutions
shor-rld be very nearly constant for such solutions at any given P and
2.1 There is sufficient data on the values of these coefficients for such
solutions (Robinson, 1961; Stern and Anderson, 1964) to indicate that
the assumption of constant 7-ratio is not far off at low temperatures
and one atmosphere. At the conditions of Orvil le's experiments the
fluid phase is considerablv less dense than one of comparable composi-
tion at 25oC and one atmosphere, hence should mix more ideally owing
to less interaction between K+ and Na+ ions. The recent results of
Gammon, Borcsik, and Holland (1967) provide more direct confirma-
tion of this assumption, and the conditions of their hydrothermal ex-
periments are more nearly those of Orvil le's. We shall therefore assume,
until proven otherwise, that the bracketed quantity in (19) may be
regarded as constant at any given P, ?, and at the total salt molality
of Orvil le's experiments.

I As the total salt molality approaches zero, ttre ratio Txcrt/7lr,ctt must also approach
unity.
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Tnn FBrospen Puesn

Both hydrothermal syntheses (Orvil le, 1963; Luth and Tuttle, 1966)
and natural occurrences (Barth, 1951) of coexisting alkali feldspars
show that the miscibility gap is decidedly asymmetric in any given
series and such that the compositions of critical mixing must be at ap-
proximately No":l/3. This alone shows that a symmetrical formula
(Thompson, 1967, p. 348) based on a Margules expansion, can not give
an adequate representation of the excess Gibbs function. We must
therefore include at least the third order terms in the formulas for the
excess Gibbs function. If the third order terms are sufficient, we may
write (Thompson, 1967, Eq. 70a)

G"*,rup :,\'o"l[-c.b(Iy'eo"l[er, * I)tr'coo.Vo") (20)

From this we may derive the relation (see Thompson, 1967, Eq. 75)

(po" - lre,,) : (p3. - pin) * nr rn p
lV eu

-l- Iy'co,Nar,(1 - 3lYo") - Weool{o,(l - 3lirAb) Ql)

for Na-K substitutions in only one crystallographic site (a:1). Equa-
tion (21) can be rearranged in a power series in /y'o"

(rro" - ireu) : [0,1" - pLr,) * wn,,] I nr rn {A
'V Ab

*  2(Weoo -  2Weo,)No, l3(Weo,  -  Wt^o) l {Z"  Q2)

Should terms of higher than third order be necessary to describe the
excess function adequately, the resulting formulas for G"* would be
similar in form to (22) but with extra terms added in higher powers of
Aro". The bracketed quantity in (22) is constant at any given P and ?.

Before proceeding, however, we must discuss briefly some problems
in dealing with high-temperature alkali feldspars that complicate the
interpretation of the mixing properties. These have to do with the
ordering of Al and Si among the tetrahedral sites, and with the mono-
clinic-triclinic symmetry change that takes place in Na-rich alkali
feldspars.

No alkali feldspars are yet known that do not have at least a center
of symmetry. The conventional C-centered cell contains 4 alkali sites
and sixteen tetrahedral sites, but the primitive cell or repeat unit con-
tains only half these. In the primitive repeat unit, however, all sites
occur in pairs related by the center of symmetry, hence we need consider
only the formula (Na,K)rAIrSilSilSilO8 to represent all possible l imiting

r97 3
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configurations of centrosymmetric alkali feldspars. fn a centrosymmetric
triclinic feldspar the four tetrahedral sites are crystallographically
distinct, hence may have different Al-Si occupancies, but in a centro-
symmetric monoclinic feldspar such as sanidine, T1(0) must be identical
to T1(m), and Tr(0) must be identical to Tz(m). To be crystallographi-
cally identical a pair of sites must have identical occupancy, hence we
shall speak of monoclinic alkali feldspars [or triclinic feldspars that can
invert to monoclinic by means of a rapid hence presumably displacive
(Buerger, 1948) symmetry change] as "aa-disordered" feldspars. The
Tz and T1 sites on the other hand are topologically distinct in the
feldspar framework hence can never be crystallographically identical.
Because of this it is unlikely that their Al-Si populations would ever
be exactly identical, although the observed departures therefrom in
some sanidines and high albites are known to be very small (Ferguson,
Trail l, and Taylor, 1958; Ribbe, 1963). By the same reasoning it is
unlikely that any feldspar that formed originally or thoroughly re-
crystallized as a triclinic feldspar would ever be completely za-disordered.
This is supported by the structure refinement data of Williams and
Megaw (1964) for a hydrothermally grown high albite. We shall assume,
therefore, that any feldspar that is known to be z-disordered or that
can invert displacively to a monoclinic form, either grew or achieved
its present Al-Si distribution as a monoclinic feldspar.

The feldspars used as starting materials in Orville's experiments were
synthesized hydrothermally at 700'C and 2 kilobars, ground, then an-
nealed dry for several hours at 1050'C. These were presumably za-
disordered, or if originally triclinic, very nearly aa-disordered, and all
presumably also had a high degree of disorder between the Tr and Tz
sites, although more data would clearly be desirable. There is some
evidence (O'Neil and Taylor, 1967; Martin, 1967) that AI-Si ordering
should have proceeded to equilibrium fairly rapidly under the hydro-
thermal conditions of Orville's experiments, but it is by no means con-
clusive and there is evidence that indicates otherwise (MacKenzie,
1957; Chagnon and Saull, 1966). Because of this there is some un-
certainty in interpreting the exchange data. Some of Orville's starting
feldspars were grown as monoclinic crystals, others as triclinic crystals,
and they were grown at different compositions hence there was probably
some initial variation in Al-Si distribution. In addition, we are not sure
of the extent of re-equilibration u,'ith respect to Al-Si distribution during
the course of the runs. Either initial variations, if ftozen in, or erratic
and incomplete equilibration during the runs will produce scatter in the
results derived using the above equations. Furthermore until the Al-Si
distribution in such feldspars is fully known it is not possible in the
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analysis below to separate entirely the effects of simple Na-K substitu-
tion from possibly related variations in Al-Si ordering. We can only
suppose, until we find otherwise, that effects in Orville's experiments
related to variations in Al-Si distribution are minor and may be ne-
glected.

A monoclinic-triclinic transformation, however, should be considered
more carefully (Waldbaum and Thompson, 1968, Appendix). Whether
the symmetry change is an equilibrium one (hence related to the onset
of ordering between the T(0) and T(m) sites) or the displacive trans-
formation (probably metastable) found in Na-rich, m-disordered feld-
spars, it must be accompanied by a change in the configuration of the
oxygen atoms about the alkali site and should thereby have some effect
on the Na-K mixing properties. There is no clear evidence such as an ob-
served two-phase region that demands a first-order transition associated
with this svmmetry change, and it seems likely from the results of Don-
nay and Donnav (1952) that the transition is of second or higher order.
If i t is in fact second-order, a plot of volume,7, against composition at
constant P and T (Waldbaum and Thompson, 1968) or of (dG/d//o")p,r
or oI (0G.*fd1y'o").,t against composition at constant P and Z, should
show a break in slope at the symmetry change. If such a break is well-
marked, a fitted curve that neglected it could lead to serious error on
both sides of the transition. The two sides would then better be fitted
separately. The interpretation of the data when a problem such as this
exists is beset with statistical hazards but must nonetheless be con-
sidered in what follows.

MBrnoo or ANalysrs oF rHE ExcnencB Dara

Considering equations (13), (19), and (22) we obtain

. ffo,Myusl
R T I n K ' = R 7 - l n

,\ier,Mrcr

: - | (u3. - pio) - (p*tr* - uS"*) + RT1'1"{I i w",,1
L 

"^"tt 
J (23)

- 2(Weoo - 2W6o,)l{o, - 3(Weo, - Wn)l{2"

If we assume a constant 7-ratio as discussed above, the bracketed
quantity in (23) is again a constant in any set of Orvil le's (1963) experi-
nrents at a given P, T, and total salt molality. The quantities in paren-
theses in (23) are also constant at any given P and T, hence for such a
set of experiments (23) may be put in the form

RT ln K, : ao I ar-\b" * crlf3" e4)
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such that o1 and a2 depend on P and ?, and oo depends on P, T, and

total salt molality. The quantity R? ln K' lor each of Orville's runs has

been calculated and the results are given in Table 1.1 Plots of RI In K'

versus /y'o. for Orville's data at 2 kb and with 2.0 molal salt solutions
are given in Figures 3-8 for temperatures of 700", 680o, 670o, 650o,

600o, and 500oC, respectively. The method of obtaining the fitted curves

will be discussed below. For the moment we need note only two con-

spicuous features inherent in the data: namely that any adequately fitted

curve must have negative slope and must have positive curvature.
The positive curvature means thatW6o,)1416^o which indicates that

the feldspar solution is asymmelric and such that the composition of

crit ical mixing must be at No"( 1/2 (see Thompson, 1967, Eq. 73). A

straight line of negative slope would imply a symmelric solution with

W elO, and a straight horizontal line would imply an ideal solutron. It

is clear then that the exchange data require at least a simply asymmetric
model for the feldspar phase.

It wil l be noted that

(2s)

and thus Figures 3-8 ma-v be regarded, except for a scale factor on the

ordinate, as plots of RZ In K' versus /y'o" at the pressure and temperature
in question. Such plots have been used extensively by other investi-
gators in the studv of binary solutions (for example, Herington, 1947;

Ames, 1964). These plots have several interesting properties:
For any binary solution where we have a plot of (AG"*/dNr)p.1 v€fSUS

I[2, the area, Z, between the curve and the abscissa is

RT  l n  K ,  :  ( cons r . )e ,  ,  / dG" " ' r "o \
r , n , , , n s o - \  

d ) ; ) r . ,

z:1" 'r1Y".) d.\ ,
J r ' ,  \d-T,  /P, ,

but we also have the situation

\26)

0""*l , ,: (rry,u)" ,"'l ,,, (27)

and f rom Henry 's law:

1 Table 1, containing detailed calculations of all of Orville's runs' may be ordered as

NAPS Document 00101 from ASIS National Auxiliary Publications Service, c/o CCM

Information Sciences, Inc , 22 West 34th St., New York, N. Y. 10001; remitting in advance

$1.00 for microfiche or $3.00 for photocopies.
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"0 0.r 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9 1.0
Nxarsi"o. (crystol  Phose)

Frc. 3. RZInK'as. N6, ion-exchange curve at 2 kbar and 700oC (data of Orville, 1963,
Table 1). Solid line corresponds to isothermal least squares result (33), and dashed line
corresponds to polythermal equation (39). Solid squares are the data points used to obtain
(39). Arror,v indicates run 551 which plots ofi scale at *6.9 kcal.
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'0 0r 02 0.3 0.4 05 0.6 07 0.8 0.9 t0
Nxa l s i r o .  ( c r ys l o l  phose )

Frc. 4. RIInK/ zs 1[e. ion-exchange curve at 2 kbar and 680oC (data of Orville, 1963'

Table 1). Solid squares are the data points used to obtain equation (39).

and when l{r"=l and I i I2l :0 we must have

Z :  G ' . * :  G"*  :  0 (30)

From this it is evident (see Heringtorr, 1947, p. 610) that the two shaded
areas in Figure 9a must be equal. For a plot of (dA-/AN2)p,1 that obeys
an equation having the form of Q\ there are further interesting proper-

ties as shown in Table 2 and Figure 9b. Such a curve is, of course, a
parabola with its axis parallel to the ordinate.
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-6d
0.3 0.4 0.5 0.6 0.7
Nxalsiro, (cryslol Phose)

Frc. 5 RIInK' zs. ny'6. ion-exchange curve at 2 kbar and 670oC (data of Orville, 1963,

Table 1). Solid squares are the data points used to obtain equation (39).

The form of Eq. (24), or its extension to include higher degree terms

in A16", is such that the data may be smoothed by a polynomial least-

squares fit, Such a fit provides values for an, ay a2, QtC., and when a

second degree (parabolic) fit is adequate we have

r979
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l - " d n - ? N u c t t l

I kJ, - pir,) - k il* - lr1r',*) - Rr ln "= I W,1,,,1-_ as (32)
L  7 * " ' *  "  I

Sor,ncrroN oF DATA

In what follows we shall suppose that second degree expansions for the exchange curves
are adequate even though strict application of the Gauss criterion (Worthing and Geffner,
1943) suggests that forms of higher degree are justifiable in some instances. There are
several reasons for this supposition:

(a) A second degree expression for the exchange curve (a first derivative property)

-0 
0.r 0.2 0.J 0.4 0.5 0.6 0.7 0.8 0.9 t 0

NxAtsi"o"  (crysfol  phose)

Frc. 6. R?lnK' as. 1[6. ion-exchange curve at 2 kbar and 650'C (data of Orville, 1963,
Table 1). Solid squares are the data points used to obtain equation (39).
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corresponds to a third degree expression for the excess functions as in a simple asymmetric

Margules solution (Thompson, 1967). Waldbaum (1966) has shown that a third degree

fit for his enthalpy data on a low albite-microcline exchange series is all that the data

warrants, and Waldbaum and Thompson (1968) show that much of the volurne data on

alkali feldspar can be expressed adequately by a second degree fit and that no feldspar

volume data yet warrants a fit of higher degree than the third.
(b) Each of Orville's exchange curves represents a series of feldspars in which there

must be a monoclinic-triclinic symmetry change. Use of a more complicated expression for

- A  L
U 0. f  02 0.3 04 0.5 06 0.7 0.8 09 1.0

Nxr ls i "o.  (crysto l  phose)

Frc. 7. RZInK'as.1[q. ion-exchange curve at 2 kbar and 600'C (data of Orville, 1963,

Table 1). Solid squares are the data points used to obtain equation (39). Arrow indicates

runs 259, 432, and 445 which plot off scale at -17.3,7.1, and 4.7 kcal respectively.
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what may in fact be two curves separated by a first or higher order discontinuity would
thus be fictitious.

(c) There are probably systematic errors in Orville's determinative curves, related in
part at least, to the symmetry problem.

(d) The simpler formula, with but two empirical parameters for each excess function
at a given pressure and temperature, is much easier to manipulate and can be readily
modified should convincins evidence show that it is insufficient.

-60'
0 | 02 0.3 04 0.5 0.6 07 0.8 0.9 t.0

Nxnts i .o ,  (c rys to l  phose)

l-rc. 8. R?lnK'zs. 1[o. ion-exchange curve at 2 kbar and 500'C (data of Orville, 1963,
Table 1). Solid squares are the data points used to obtain equation (39). Arrow indicates
run 258 which plots off scale at -6.2kcal.
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The data in Table 1 and the plots of R?lnK'vetsus 1[o. show that the short-term runs

have the greatest scatter. To test this we made a series of least-squares fits with short

term runs successively eliminated (Table 3a), and compared their standard deviations,

finding a minimum when runs of less than 48 hours were eliminated. This application of

the Gauss criterion (wensel and Tuckerman, 1938) suggests that equilibration was re-

liably achieved only for runs at 700oc and 2 kbar that were of 48 hours of more duration.

This agrees with Orville's estimate (Orville, 1963, p. 217) of the time required for equilibra-

tion on the K-rich side but is less conservative than his estimate of 144 hours as the time

required on the Na-rich side. we believe, however, that his difficulties on the Na-rich side

may be related at least in part to other causes to be discussed more fully below.

There is also a relativeiy large scatter in points near the K-rich and Na-rich ends, even

when only the longest term runs are considered. This shows up in Table 3b where a series

Tail.n 2. Pnoprrrrrs or RT ln K' IoN-Excn,crcn Cunvn as Ssowx

IN !-IGURX 9b

1[r

1

2/3

r/2

N, RTI,n K, d.(RT tn K')/dN,

0 | .""tt'+%

2Wz-4Wr

r/s

0

r/3

1 /'.)

' ,  / 1

1

W,
const.-f--

Wr-Wr
const. --

Wz
const.-t

const. - l7r

-ZWz

-(WtlWz)

€

0  N 2  { C R Y S T A L  P H A S F )  |  r ! 2  r u ^ r J

Frc. 9. Geometrical properties of R?lnK'ion-exchange curve: a) equal-area

reiation; b) properties summarized in Table 2'

N 2  ( C R Y S T A L  P H A S E )
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TAnLr 3. EmBcr oN EeuArroNS 3l-32 on Rruovrmc 700.C Iom_ExcnaNce
Dnre Pormrs rnou Succrssrvn Lnesr-Squenrs Frrsa

Duration o{
shortest run

(hours)

1[6. o{ most
Na-rich point

retained

Wex, Weo,

(kcal)

Least-squares
standard
deviation

(kcal)

No. of
data

points

- A O

kcal

Table 3a Removal of Short-term Runs from All Data

l . )

24
32
48
49
96

144
168

0 . 0 1 0
.040
.040
.040
040

.040

.040

. 1 6 0

35
J I

24
23
18
1 a

16
4

2 4 9  5 3 9
2 . 7 0  4 . 7 8
2 68  4 .76
2 . 7 r  4 . 7 9
2 . 7 2  4  8 3
2 . 7 4  4 . 8 2
2 . 7 0  4 . 8 2
0 84  4 .41

0 6 5
.23
14

. 2 1

. 2 2

. 2 3
. A

.03

3 . 9 3
3 . 2 8
3 . 2 3
3 . 2 8
3  . 3 5
J , J J

3.40

Table 3b. I{emoval of Short-term Runs After First Removing Compositions
>90/6 Or and 110/6 Or

t . . )

24
2,')

48
49
96

t44

0. 100
.100
.102
. t o 2
.102
.102
. t02

o . 2 2
. 2 2
. 2 0
. 1 5

. 1 6
1 l

J .  I J

J . l /

3 .00
3 .09
3 0 6
3 . 1 6
3 . 1 6

27
24
1 7

l 6
t . l

t2
1 1

2 . 7 1  4 . 6 8
2 . 6 3  4 . 6 6
2 70  4 .53
2 . 7 2  4 . 6 0
2 . 8 2  4 . 5 7
2 .40  4 .  58
2 -41  4  .57

Table 3c. Elimination of Data Corresponding to the Most Na-rich l'eldsparsb

48
48
48
48
48
48
48
48
48
48
48

1 7

t o

t . )

l 4

I J

1 1
10
9
8
7
6

0.059
.102
.  i 1 3
.142
. 1 6 0
.  t / . )

.309

. 3 t 4

.405

.490

.  5 1 8

2 . 7 5  4 . 5 7
2 . 7 2  4 . 6 9
2  . 8 1  4 . 4 5
2 . 7 9  4 . 4 9
2  . 8 3  4 . 3 8
2 . 8 4  4 . 3 2
2 . 9 r  4 . 9 2
2  9 2  3 . 8 6
2 . 9 3  3 . 4 9
2 . 9 2  2 . 7 5
2 . 8 7  2 . 2 9

0 1 5
. 1 . )

.10"
10

.08

.08

.07

.07

.07

.08

.07

3 .05
3 .09
2 . 9 1
2 . 9 5
2 . 8 2
2 . 7 4
2 . 3 6
2 . 1 6
1 .68
o . 7 4
0 . 1 4

a Equation defining standard deviation will be given in Thompson and waldbaum,
(in press, Appendix B). All values weighted equally in least-squares computations.

b Runs held at 700'C for )48 hours (with runs )90 percent Or omitted).
" fsothermal fit given in Eq. (33).
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of fits similar to those of Table 3a is shown, but with all runs where 1[o,)0.9 or (0.1

eliminated. The reason for this is that a given small error in either .ly'o. or Mr<cr makes a
much greater difierence in inK' near the limiting compositions than it does elsewhere.
This couid be handled in principle by an eiaborate weighting scheme to favor the runs in
the central portion, but simpiy eliminating runs outside the limits 0.1 to 0.9 ffo" cuts the
standard deviation drastically without undue sacrifice of data.

Although a pruning of the data by the relatively straightforward methods outlined
above brings about a marked improvement in the standard deviation, numerous experi-
mental fits were made to see whether any further improvement could be obtained. Several
of Orville's final feldspar compositions as given in his Table 1 are enclosed in parentheses
with the notation that their (201) peaks were broad or indistinct. This implies either the
presence of zoned grains or that some grains had not fully reacted with the fluid. Most of
these runs are short term and thus already eliminated. The four survivors are runs $64,
756b, 837a, and 905. (It is interesting that run 564 is the inconsistent one in Orvilie's
Figure 2 and accompanying discussion.) Tr,o of these, 564 and 837a, were eventually
eliminated for other reasons given below, but elimination of the other two, 756b and 905,
brought no further improvement and they were therefore retained in the data finally
selected. Certain of Orville's high-Na starting samples (including run 564) appear to have
reacted sluggishly but most of these were eliminated on a time or extreme-composition
basis and the rest are taken care of in what follows.

The most fruitJul approach in a final trimming of the data was to eliminate suecessirely
the more Na-rich runs untii no significant improvement in standard deviation could be
obtained by continuing the procedure. The results for the 700" data are given in Table 3c
and for other temperatures in Tabje 4. The standard deviation can thereby be cut to about
* 100 cal, while still retaining some 50 runs for the least-squares analyses for all tem-
peratures. This procedure was adopted when it was observed that the high-Na runs
plotted consistently on the high side of the best fit curves (Figs. 3, 6, and 7). This one-
sided deviation is, in fact, precisely what would be expected if the true exchange curve
had a break (or rapid change) in slope related to a second- (or higher-) order transition in
the high-Na region. It was on this basis that the final selection of data was made. That this
selection is indeed related to the monoclinic-triclinic transformation is strongly suggested
by the resuits shown in Figure 10. The solid line is a least-squares fit to MacKenzie,s
(1952) data (circles) on the location of a displacive symmetry change, and it also closely
approximates the results obtained by Laves (1952) on natural feldspars. The dashed
isothermal segments are bounded, where appropriate, by two vertical marks: that on the
right is at the composition of the most sodic feldspar retained by the above procedure,
and that on the left is the most potassic one discarded. The numbers by each are the
standard deviations for the corresponding least-squares fits. ff the breaks in the data are
related to an equilibrium symmetry change as we have suggested, then the equilibrium
phase boundary and the displacive symmetry change are virtually coincident at these
temperatures as suqgested by Laves (1961, p. 65).

MrxrNc PnopBnrros oF SANTDTNE AT 2 KBAR

The data after selection as outlined above yields the following results
for those isotherms with sufficient data to warrant a least-souares fit:
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2 2
Gex.zoooc : 4.45.ly'o.lfAb + 2.81 -\-,rr,A'o.

Ge*.osooc : 4.40,r'ro"r'/ib + 2.455llAblrr;,
2 2

Gex,ozooc : 4.29No"|{^b + 2.21 l [eu.\ 'o,
2 2

Gex.osooc : 4'2l'\ro",\rAb + 3'14 -lirr,Alo.
2 2

Gex,ooo"c : 3.90Aro.1[er, f 3.02 .\Ier,,'Yo.

where G"* is in kcal mole-l. The number of data points used for each
temperature is given in Tables 3 and 4, the equations are plotted as
solid lines in Figures 3 through 7, and the least-squares standard devia-
tions are given in Table 5.

The temperature dependence of W A or W 62 maf be obtained by
formulas (Thompson, 1967) of the type

/  0W" , \
( - l : -w , ,  (34 )
\  A T  / P

Tlnro 4. Elrrcr oN LEAsr Seuenr Frrs on Succnssrwr,v ReuovrNc

rua Mos:r Na-Rrcn Dar.q. Porxt rRoM THE ExcueNcr Darn
(Eeurvarnnt ro 700oC Rrsur.rs rN Telr,n 3c)

(33)

Temperature

Nor of
most

Na-rich
pornt

retained

No
of

data
pornts

Duration
of

shortest
run

(hours)

7
6
5

.060 10

. 1 1 5  9

.142 8

. t 7 0  7

.208 6

288
288
288
288
288

Least-squares
staudard
deviation

(kcal)

0 . 1 0 4
. 1 1
.06
.04

288
288
288
288

o r25
163

.2 t+

.249

2 2 1
1 . 8 0
2 8 6
3  . 2 1

2 60  4 .83
3 . 0 6  4  . s 6
3  .  1 4  4 . 2 1
3 . 1 8  4 . 0 6
3 18  4 .O9

4 . 2 9
4 3 8
4 0 5
3 8 5

2 8 5
3 0 6
2 . 4 2
2 0 9

3 2 6
2 6 7
2 4 9
2 3 0
2 . 3 3

96
96
96
96
96
96
96
96
96
96

. 0 5 5  2 l

.o79 20

.088 19
089 18

.099 17

. 1 1 0  1 6
r17 1s
124 14
200 13

.250 12

2 . 7 8  4 . 7 t
2  8 8  4 . 5 7
2 9 2  4 4 8
2 . 9 3  4  4 6
2  9 6  4 . 3 7
2 . 9 6  4  3 5
2 . 9 8  4  2 8
2 . 9 8  4  2 8
3.O2 3  .90
3 . 0 3  4 . 0 0

2 . 9 4
2 . 7 8
2 6 8
2 .65
2 . 5 4
2 5 2
2 4 3
2 -43
1 . 9 6
2 . O 9

a Isothermal fit given in Eq. (33).
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Frc. 10. Monoclinic-triclinic transformation in Na-rich feldspars as determined at
I atm by MacKenzie (1952) (circles) compared with results of statistical analysis of
Orville's (1963) ion-exchange data (see text). MacKenzie's feldspars were synthesized
hydrothermally at 800"C and 981 bars. Squares denote compositions at which the sym-
metry change was placed by Donnay and Donnay (1952, Iow-Or point) and by Orville
(1967) from analvsis of X-ray diffraction data for sanidine-high albite solutions.

or

/0(w c. /T)  \
l t * . -  |  : W r ,  ( 3 5 )
\  d( l / r )  /  p

but ,  not ing that  Wn,: l [ /a , -TWs, or  We,/T:(Wa,/T)-Ws, ,  the
procedure finally adopted was to obtain a multiple least-squares fit to
the data for the relation



Tlnlr 5. Mlncurns Pen.turEts llon SaNrorun Cnvste.lltNr SorurroNs OelarNno

rnou 49 Snr,ncrrn Dara PorNrs ol Onvrr.r-r (1963).' Exrrr.lr-pv aNn Gress Exnrcv

Panaurrrns rN KcAL Mor,E-l: Exrnopv P'q'neurrons rN cAl onc-l uol,n-l.

Margules
parameter 6

constants
Eq. (3e)

-0.46
+ 0 . 4 1

5 .68
+ 0 . 2 7

- 5 . 0 5
+0 .44

+2 .96
+  0 .30

Wrre.

Wnlu

Wto'

Wslu

4 . 4 5

2 8 0

4 . 3 5

2 . 8 6

4 . 3 0

2 . 8 9

4 . 2 0

2 . 9 5

3 .95

3 .  1 0

f**'
too'tlt'oo

t

Iwoo'
6so'cj

lWcon

l.*""'
670"C(.__

I  wclr

t

[**'
uto"t1*ooo

I

[*oo"
uoo't1*uoo

I

fwoo,
soo'c1

lwono 3 .40

Polythermal
RtnK' (r/7, N)

b r : 0

Eq. (a0)

3 . 5 1
+ 0 . 2 1

3 . 5 1
+  0 . 2 0

- 0 . 8 1
+ 0 . 2 1

+0.61
+( \  ) )

Isothermal
RflnK' (1[)

c z : 0

Eq. (a1)

4 . 3 1
+n )')

3 0 0
+ 0 . 2 0

+0.04
+o  22

+0.04
+ o . 2 2

3
constants
Eq. (33)

4 . 3 1

2 . 9 2

4 . 2 9

2 . 9 3

4 . 2 8

2 . 9 4

4 . 2 6

2 . 9 5

4 . 2 2

2 . 9 8

4 . 1 4

3 . 0 4

4 . 2 7

2 -96

4 . 2 7

2 . 9 6

4 . 2 7

2 . 9 6

4 2 7

2 . 9 7

4 1 7

2 .97

4 . 2 7

2 . 9 7

4 .45
+  0 .05

2 . 8 r
+ 0.08

4.40

2.455

4 .29
+ o . t 2

2 . 2 1
+0 .78

4 . 2 1
+ 0 . 1 2

3 . 1 4
+ 0 . 2 1

3 .90
+0 .08

3 .O2
+0 .06

" These supercede values given by Waldbaum (1966).



MIXING PROPERTIES OF SANIDINI| I,

RrnK ' :  -  [ (43 . -a - io ) -  (E? . -g i , t  twn  l1O ' -  T

2(W 
" no 

- '14'u o) T 
- 3(W 

"o" 
- W, no)

l - ^ ^ t r

+ | ts3. - sio) - (s,:. - s.?*1 - R ln1"'"lt-'
L 7^"tt

a 2(Ws6a- 27"o")- \b.13(Iy 'so. -  Z"^o)13.

1989

2
/y'o"

T

R ln K' : D,f1\ *, / ' \ 'o"\
\r / 

' t\ 
7/ 

-r o:

* crl'b. + c2-\';.

quantit ies may then be calculated

Wuoo:  -  +U-23br \
w 'o , :  - +b r -+b ' )

w t n o :  l c t l  l c z \

W s ^  - -  ! " r r l  * r lC)r

- t 2  t, r o . \  ,-  l t  C n
T /

,r."f
(36)

(3e)

The desired

(36a1

from the relations

(37)

(38)

From the selected data we thus obtain

G"* : (-463 + 5.052 ?)r/o"i,rio

+ (5679 - 2.g54 ?)Irer,\r3. cal mole-t

The standard deviation in R ln K, for this result is *0.10 cal deg-1
which compares with the mean standard deviation of *0.11 in R ln K/
(not RZ ln K') for the above selected isothermal f its. The exchange
curves corresponding to Eq. (39) are those shown as dashed lines in
Figures 3 through 8.

In using Eq. (36a) as the basis for a least-squares approximation to
determine 6 parameters we are possibly pressing the data beyond its
capabil it ies. we therefore obtained least-squares equations for the same
data,  f i rs t  wi th the bz term el iminated and then wi th the rz  term el im-
inated. The first must yield a symmetric enthalpy of mixing (W ur: W 

"r)and the second a symmetric entropy of mixing (Wrr: I,tr/sr). The results
for these simplified forms of (36) are:
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G", : 3514 .\b,.\rar,

- z(-0.813 r\ro.-Ali,r + 0.611 lroo,Y3J cal mole 
'

R rn K' : 
[{-s3. 

- so',) -(s^? - s*lt + R l^ryg'' 
]

- [tF3" - E:b) - (t1,?- - ,r"-,.lJf

T Z
* 14'^ou* * W so,z - 1l/tt nb F 

- W,,u,T

with 6z eliminated, and

G"* : 4306.\'o..\ ' in + 3002 -\-,cu.\ ',r" - f(0.041 J,qr,.\ 'o.) cal mole-t (41)

with cz eliminated. To eliminate both the bz and c2 terms however,

would yield a wholly symmetrical solution at 2 kbat, and this is not

consistent with known facts. These results are compared in Table 5

along with individual values of W e calculated from Eqs. (39)' (40)'

and (41) for 500o, 600", 650o, 670o, 680o, and 700oC. The standard devia-

tions of (40) and (41) are *0.11 and +O.12 cal deg-1 respectively, and

are not significantly different from the standard deviation of (39). We

have no reason to believe that either the entropy or enthalpy of mixing

is symmetrical, hence we consider (39) to be the best fitting approxi-

mation to Orvil le's ion-exchange data.
In comparing these results with other studies, the uncertainties in

the l4l's are of greater interest than the values of sr, but they cannot

be readily computed from a least-squares solution to (36a). Equation
(36) may be written in a form which combines (19) and (21)

(40)

(36b)

where the variables used in this least-squares solution are

r=21 {o , -31 t r ro "2

z = l - 4 , \ ' o " - 3 , \ t c i . 2

and. (l/T), (*/T), and, (z/T), from which the Margules parameters of

(39) are obtained directly. Similar expressions can be written to obtain

the Margules parameters of (a0) and (41) directly. The precision index

used by the present authors (Thompson and Waldbaum, in press, Ap-

pendix A) for equation of state parameters is the standatd therrnochemicol

uncertainty of Rossini and Deming (1939), and was calculated for each

Margules parameter in Table 5 in the usual way from the diagonal terms

of the inverse normal equations matrix.
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CoNcrusroNs

The results of this analysis show that equation of state parameters
for sanidine solutions can be derived from ion-exchange experimental
data, but it is evident from the results in Table 5 that neither the sign
nor the magnitude of Wp, or Ws, can be obtained with any certainty
from the data now at hand. Because of this a solvus calculated on the
basis of (39) should be accepted as reliable only in the central portion
of the temperature range of Orville's experiments. Values oI W6, in this
temperature range are known with much less uncertainty (+0.2 kcal)
and are clearly positive.

Waldbaum (1966) showed that calorimetric determination ol Ws, for
microcline-low albite solutions yields values on the order of *7 kcal
at 2 kbar with an uncertainty of *0.2 kcal. Similarly, the calorimetric
data of Kracek and Neuvonen (1952) indicate thatWn, for sanidine
solutions must have positive values on the order of several kilocalories.
It is essential to know both the sign and magnitude ol W s, and Iitrls,, and
to know the values with an accuracy of 1 percent, if these parameters
are to be used in phase equilibrium calculations pertaining to the full
range of crustal temperatures and pressures.

The present treatment of Orville's (1963) data illustrates the manner
in which a thermodynamic equation of state can be applied to the
analysis of experimental data. This analysis shows that the ion-exchange
experimental method provides considerably more data on a system than
determination of pressure-temperature-composition phase diagrams. It
seems clear, however, that still more experimental work of this kind is
needed on the alkali feldspars-especially in view of the recent work of
Luth and Tuttle (1966) and Martin (1967) and the discontinuities in
the exchange curves suggested by the present interpretation of Orville's
data. The following suggestions are presented as a guide to future work
of this type:

1. fsothermal ion-exchange curves obtained above the two-phase
region will provide data over a greater range of temperatures and thus
reduce the uncertainties in the W s, and W s, parameters. Obtaining data
above 700oC also reduces possible complications introduced by the
equilibrium monoclinic-triclinic symmetry change inasmuch as a larger
range of compositions will have monoclinic symmetry at the time of
growth. The study of a supercritical ion-exchange curve tends to favor
more reliable results because of the shorter time required for equilibrium,
and the necessity to determine the composition of only a single feldspar.
The appearance of two feldspars under conditions known to be super-
critical (for the feldspar) provides an unambiguous indication of dis-
equilibrium or of difficulties in quenching the run.
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2. As wil l be shown in Part III, data obtained at different pressures
can be utilized to obtain a polythermal, polybaric equation of state.
Complete isotherms or isobars are not necessary, and data may be ob-
tained anywhere in P-T-N space, provided the number of runs in each
pressure, temperature, and composition range yields a good statistical
distribution of data points. Isothermal, isobaric ion-exchange curves
are more useful, however, in studying the monoclinic-triclinic inversion.

3. In using an aqueous alkali halide fluid phase, the validity of assum-
ing ideal K-Na mixing requires further study. ft is necessary that such
a fluid phase be maintained at constant total rnolalily in a given set of
experiments. Other exchange media such as fused alkali halides can be
utilized to maintain a fixed Al-Si distribution in the crystals (Wyart
and Sabatier, 1956), and to work at atmospheric pressure, hence at
higher temperatures.

4. Complications caused by Al-Si ordering in the feldspar framework
in the presence of alkali chloride hydrothermal solutions require that
more than one X-ray parameter be utilized to characterize the feldspars.
It is also essential that the feldspar compositions be determined in-
dependently of the fluid phase as done by Orvil le (1963), and not bv
difference (Iiyama, 1965), in order to make use of the theoretical treat-
ment of ion-exchange data presented here.r

Orville reported '(negative" compositions for some Na-rich feldspars
crystall ized between 250'-500"C using his (201) determinative curve.
He re-investigated the sanidine-high albite curve (Orville, t967) used in
his 1963 paper and found no reason to modify it. However, the "nega-
tive" compositions could be readily explained (Part II) if the Al-Si
distribution in the crystals were more ordered. It would seem desirable
therefore to determine all the lattice parameters of the synthetic feld-
spars by least-squares analysis of X-ray data (Luth and Tuttle, 1966),
and also to determine the compositions independently of determinative
cllrves based on physical property measurements.
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Aprnxorx A Fonuur,nrroN roR THE Fr,uro Pnesr

The Gibbs-Duhem equation for the fluid may be written

ns"odpnro f zNncrdpr"cr I nxctd,pxct: Yi.P - ST|T (A-1)

(A-2)

Sirrilarly

q =q: ( n"'o)r""o -| pNucrMNocr * pxcrM."cr (A 3)

Difierentiating ,o ,t mJ."-o),r- -,,tr ,^ ,) we obtain, for processes at constant P, ?,
nH2o, a,nd nst

dGt : pN^cdM xucr *,pxord-44xct
: Grxcr - pr'.c1)d.41rcr

/ a G t \
( ; ; ; - )  : ( p x ' t - r x " , t )
\  ot t l

(#) d,*,o tMN"crr/procr r Mt<ctdpxcr: (X)t, - (*,)*

t . . . .  - _  , . . . . ' ' -  /  
d c '  

\  :  L .tpK.!  -  
t tN., . I )  :  

t  . tM I  
-  ux

\ o t v l  K , J  /  P . T

.  T d G a \( / r x , r , - p r " . a )  :  ( ; ^ , - )  = B r <
\ o / Y  K ' r l  ? ' ?

/  a G , \(px, ,  -  pr , . " )  :  (urv; / , , . ,  =  An

Appnxorx B. Rnqurnru.eNTs loR SrAsrr-rry rw ExcruNcn Eeurr,renre

Let us denote the feldspars by a, b, and the fluid by/. We shall consider fully only the
3-phase equilibrium which includes the 2-phase equilibrium (l'ig. la) as a special case.
We have

i A _ 4 )

(A-s)

(B-1)

where the subscript K denotes the components Or or KCl, and Na denotes Ab or NaCI.
Let

lxo = ?lx.o I nN","; nb = nK,b * zr,r.,r,; and z"t - n]Kcr,l * nxnct,t

Where the ozly process is alkali erchange:

o : d . n " : d n t , : d . n * (B-2)
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also
dn1;," : n"dNx 

"
dnxt : ntd.Nx,t

d'n'1;,7 : - dnx,"- dnr't

hence we may rewrite Eq. (11) in the text as follows

(B-3)

dG : (nbBK - ntLx)ilNxt I (n"Ax - n"Lx)d'Nx." (B-4)

This emphasizes that under the specified conditions G:t(Nxp,I[6,6), hence

(rffi) : (ntBx- n,'r-*t)
/ ac \  t  

(B -s )

(*"  
" /  

:  (a,Aw -  n"Lr i  
)

and if

/ o 2 G u \  / d z e " \  / o 2 c r \
t nn  =  

( *Lo , ) " . " '  ' " o  =  
( * r , . . , / " . r '  and  Lxx  =  

\ up1 ,n , ) r ,

we have

(#fu) : "**(ffi)"" ;,,,^*(H) .*,,: _*,"^,(H)**,,
(B-6)

: - ̂ '""(H),,,"
(#") : n.Axx -,"""(H) 

"*,"

Relations (B-6) may be further simplified. We may write

d,nr,!: n"d.Mx,t

hence, using (B-3), we have

0 : nod.Nx,o I n6dNr,t I n"tilMx,t (B_7)

hence
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and equations (8-6) become

t997

#+,):ry,(n*BnorntLxx)

(#;):(*#;)
(#") :?,(n*A.^o:_ n,Lxx)

I
I
I
I

n " n h  L-  - ,  
I-  - z K K  I

tlet 
I
I

)

(B-e)

(B 10)

N'w for an equilibrium to be stable or metastable (as opposed to unstable or conditional)
the matrix of the second derivatives of G must be positive definite (Gibbs, lg76; r92g,
p 112; Prigogine and l)efay, 1954, p. 224),hence

#") 
:ry,(n" 'Bn l  ntLxx) )  o

(#") (#;)
(#) (#") :!!! @aBnxAxx* LxxntAxx (B-11)

hsl

I LrxBxxn") ) o
Butwe know that A76, Br<x, Lxx are all greater thar zero if the phases are internaliy
stable with respect to diffusion, hence the equilibrium is either stable or metastable, the
leJt hand sides of (B-10) and (B-11) being positive unless critical or internally unstabie
phases are present. To obtain the corresponding relations with only one feldspar present,
say b, we may repeat the process with all terms involving c eliminated. we ihe., obtail
only condition (B-10) which is sufficient.

_ 
These conclusions may also be justified graphically using Figure 1 by making use of the

iever.law and remembering that the quantitative proportions of the two kinds of ferdspar
remain unaltered in the simple exchange process considered.

AppENDDt C. MrxrNc or n_Mor.e.r, KCi aNl NaCl SorurroNs
Let us consider a quantity of solution such that the total number of moles of salt is

unity (i.e.: nrarlnnoct:l:nsr; n'2o:const.i ny;s1:I[6cri ,?r.rucr:Mriocr). We then have
(see Appendix A, Eq. A-3)

and 
Gt : nnzopu.to t pxctMrct f pN.crMNocr

p.ro : p?o f RZln ny'nro7u,o

pNacl : ,H"* + ,H- -l RT lnmx,+mcr-rrvucrt ),

,r."r : 
"?* 

* p?r- * RT lnmx+mcvtt<ct! |

Combining, we obtain

G1 : Mssyfnl,orrfi,o * rH- + 
"Fn 

I RT(na,oln iy's,6 f lnmcv)l

I MN"crLnnropirro *,,r8- f ,,rn?* f RT(nlrsln 1[nro * ln*cr_)]
+ RT(MKILn Mxu * ,Mx.cr ln ilfy.61)

t RT(nH.s ln luro * ,41xcr ln zKcro * Mnoor ln ?nocro)

(C-1)

(c-2)

(c-3)

(c-4)
The bracketed quantities in the first two terms of (c-a) are constant for the mixing process
here considered. Now if the liquids are to be said to mix ideally, the last term of (c-4)
must either be zero or a linear function oI Mxcr at a given p and r, rf a linear function of
Mxcr this last term may be written in the form
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MxcQxf Mx.crgro (C-5)

where qr< and qn' are constants at any grven P and T, and added to the first two terms'

thus preserving the form of the equation of an icleal binary solution' This is possible if

f" 
""1" 

u"a lti*,"rt vary linearllwith Mxcr and if 1n(7661i/rN^crt) is constant' This

becomes apparent if we write the last term of (C-4) in the form

r  / ' '  '  7 K r l l \ l
R7' l r r r ,o{ ln  }H,0)  + t ln  1 ' r , 'u t '  )  *  (Mx"r  ' '  f ; / l  

(C-6)

and bear in mincl that the terms in parentheses can contain no powers ol Mxu higher than

the first.

AppBNorx D. Norerrow

Special symbols used to denote variables' functions, constants' and

abbieviations will be defined as they are introduced in the text. However,

the following symbols are generally valid in Parts I and II of this series:

u Subscript denoting a phase rich in component 1'

b Subscript denoting a phase rich in component 2'

ai, bi, ci PolYnomial coefficients.
Cp Heat caPacitY.
cal Calorie (4'1340 absolute joules)'

E Molar internal energy.

ex Subscript denoting excess mixing property'

rsp Subscript denoting feldspar phase'

G Molar Gibbs energY.

E Molar enthalPY.
In Logarithm to the base e:2'7I828 ' '  '

Mi See text following Eq. (6)'

lmi Molality of i-th sPecies.

mix Subscript denoting mixing property'

ni Number of moles of 7-th component'

1[; Mole fraction of j-th component'

/fo" Mole fraction KAISisOa.

P Total Pressure on system'

R Molar gas constant (1.98726+0'00008 cal deg-1 mol-l) '

S Molar entroPy.
sy Standard deviation of least-squares fit '

T Absolute temPerature'

T Molar volume.
wi l
Wpi, Wv:l E"cess function parameters'

W*:, Wr:)
^yi Activity coefficient of i-th component'

pi Chemical potential of j-th component'
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Molar Gibbs energy of pure substance at the same pres-

sure and temperature as that of the solution under

discussiori.
Chemical potential of i-th species in a hypothetical solu-

tion of specified molality at the same pressure and

temperature as the solution under discussion.


